Caul.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.
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Thé tich khéi 1ap phuong canh bang 3 1a

A. 8. B. 27. C. % D. 9.
Cho ham sé y = f(x) lién tuc trén R, c6 bang bién thién nhur hinh vé:
X —0 -1 0 1 +00
S ix) - 0o + 0 + O —
+0 2
-2 —0o0
Ham s dat cuc tiéu tai
A x=-2. B. x=0. C.x=-1. D. x=1.
Trong khong gian Oxyz , cho hai vécto a = (1,2;-3) va b= (=2;2;0). Toa d¢ ctia véc to a-bla
A. (3;0;3). B. (3;0;-3). C. (-3;0;3). D. (3;4;-3).
Cho ham s6 y = f(x) c6 dd thi nhu hinh v& bén. y Y i
Ham s6 d4 cho nghich bién trén khoang | x
A. (—oo;—2). 0
B. (-2;0).
C. (-4;,-2)
D. (-2;1). 4

V6i a,b 1a hai s6 thuc duong tuy ¥, gié tri lnl;L2 bang

Ina

A. Ina+2Inb. . )
2Inb

C. lna—%lnb. D. Ina-2Inb.

Cho i f(x)dx =2 va i g(x)dx =3 . Khi do, j[3 g(x)—2f(x)-2x]dx bang

0

A. 9. B. 4. C. 4. D. 14.
Khdi cau ngoai tiép hinh 1ap phuwong canh 2a+/3 c6 thé tich bang
3
A. 32703 . B. 47d'\3 . C. 367a’. D. Slza .
Tich tit ca cdc nghiém cua phuong trinh log, (x2 + 2x) =3 bang
A. -8. B. —6. C.8. D. 2.
Trong khong gian Oxyz , mit phang (P) :3x—y+z-1=0 di qua diém nao dudi day ?
A. C(1;-2;4). B. B(-1;-2;-4). C. A(1;-2;-4). D. D(1;2;-4).
Ho nguyén ham ctia ham sé f(x)=e ™ +2cos2x 1a
A. e +2sin2x+C. B. ¢ —sin2x+C. C.-¢"—sin2x+C. D.—-e"+sin2x+C.

Trong khong gian Oxyz , dudng thang di qua hai diém A(l;2;3) va B(2;3;5) la

AL x—1 _ y=2 _ z-3 B x+1 =y+2 =z+3 C. x—1 :y—l :z—2 D. x—lzy—2:z—3.
1 1 2 1 1 2 1 2 3 1 1 -2

Cho k, n (k<n) 1a cac sb nguyén duong. Ménh dé nao sau day sai ?
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Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

A A =k\CE. B. Cf=”—!.
k!.(n—k)!

Cho day s6 (un) 1a cap sb cong véi u, =3;u;=19. Tinh u, .

C.Ch=Cr*, D. A =nlC".

2
A. u, =51. B. u, =57. C.u,=47. D.uu:%.
D) thi hinh dudi day 1 ctia ham sb nao ? by
A.y:__x
x+1 )
B =—x+2 s -1 0\1 .
x+1 B
—-x—1
C.y= o
Y x—1
D. :—x+1.
x+1

Ham sb y = f(x) xé&c dinh va lién tuc trén doan [-1; 3], c6 bang bién thién nhu bén dudi.

x -1 0 2 2

+ 0 - 0 o+
5 4
¥ / \ /
0 1

Goi M, m lan luot 1a gia tri 16n nhét va gia tri nho nhét ciia ham sé y = f (x) trén doan [—l; 3] .

Téng M +m bing
A. 9. B. 4. C. 6. D. 5.
Cho ham sé y = f(x) lién tuc trén R va c6 bang xét ddu f”(x) nhu sau

Hamsbd y=f (x) ¢6 bao nhiéu diém cuc tri ?

A. 0. B. 1. C. 2. D. 3.
Céac diém 4 va B lan luot 1a diém bi€u dién cua céc so phuc i
z,,z,. Tim céc s6 thuc a,b théa man 2z, +a =z, +bi. .,
A.a=-4,b=5. 2 L---?
B. a=-50b=3. E
2 O 1
C.a=4,b=-5. ; ) >
D. a:—4,b=—5. BL ______ -1

Trong khong gian Oxyz , mit cau (S) x>+ +2° —4x+2y—2z-3=0 c6 ban kinh bang
A.9. B. 3. C.6. D. 3.
Cho a=log,5, h=log,9. Biéu dién cia P= logz? theo a va b 1a

_3a

e D. P=3+a-+b.
2b

A. P=3+a-2b. B.P=3+a—%b. C.pP
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Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Phuong trinh 4z* =4z +3 =0 ¢6 hai nghiém phirc z,;z,. Gié trj cia |Zl| +|22| bang

A 203, B. 3. C.32. D. 3.
Trong khong gian Oxyz , cho mit phang (P) :2x+2y—z-3=0 va diém 7(1;2;-3) . Mit cau (S) co

tam / va tiép xuc véi mat phing (P) c6 phuong trinh la

A (x=1) +(y=2) +(z+37 =2. B. (x+1)" +(y-2) +(z-3) =4.
C. (x=1) +(y-2)" +(z+3)* =36. D. (x—1) +(y-2) +(z+3)* =4,
Tap nghiém cua bat phuwong trinh log (3x2 + 1) > log(4x) la
A. (—oo;%ju(lﬁoo). B. [O;%)u(lﬁoo). C. (0;1). D. (%;3].
Ham s6 y = f(x) lién tuc trén doan [a;b] va c6 @6 thi nhu i
hinh v&. Biét dién tich hinh phing gi6i han boi phan db thi S
. 9 Z %
y=f (x) ¢ dudi truc hoanh va tryc hoanh 1a S, :5 ; dién tich ol a g c b X
o
hinh phang gi6i han béi phan d6 thi y=f(x) & trén truc y=f(x)
b
hodnh va truc hoanh 13 S, =4. Tinh 7 = [ f(x)dx.
Al B c. -+ D. 2.
2 2 2 8

3

Khdi nén co thé tich bang V = va ban kinh day bang a. Dién tich xung quanh hinh nén bang

A. 27d>. B. 7a*\3. C. 4rd*. D. 7a’.
A s n s ) A2, . a \ n A
Do thi cia ham s6 y = 2 c6 tat ca bao nhiéu duong tiém can ?
x —
A. 2. B. 0. C. 3. D. 1.
Khdi lang try tam giac déu co canh ddy bang « va canh bén a3 . Thé tich khéi lang tru da cho bang
3 3 3 3
AL B. 2% c. 3. D. 3%
4 8 2 4
Dao ham ctia ham s6 y = ln(l + \/x+l) bang
1 1 1 2

M) ) ahnifeen) i)

Khéi tru co thiét dién qua tryc 1a mot hinh vudng c6 canh béng 4. Thé tich khéi tru béng
A. l6r. B. 32rx. C. 8r. D. 20r.
Cho ham s6 y = f(x) lién tuc trén (—2;0) va (0;+90); c6 bang bién thién nhu hinh v&.

—00 -2 0 40

? : -
- .

Tat ca cac gia tri m dé phuong trinh /(x)=m c6 nghiém duy nhat 1a
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Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

A. m<0hoaic m>1. B.0<m<l1. C. m<0 hoac m>1. D. m>1.
1

Cho ham s f'(x) thoa man I(x+1)f’(x)dx=10 va 2f(1)—f(0)=-8. Tinh Izj.olf(x)dx.

0

A 1=2. B. /=-8. C.1=-2. D. [ =-18.
2
Chobiétj 23"_1 dx=a+bIn2+cIn3 véi a,b,c 1a cac sb hiru ty. Gia tri S=a+2b+3c bing
1 xT+2x+1
AT B. .. C. -5, p. -1
3 3

Goi S 1a tap nghiém cua phuong trinh 2log, (2x—2)+log, (x - 3)2 = 2. Tong tat ca cac phan tir cia
S bang
A. 6. B. 4++/2. C.2+42. D. 8++/2.
Cho hinh chop S.ABCD c6 day hinh vuong canh a. s
Biét SA L (ABCD) va S4=a~2 . Goi diém M la
trung diém ciia SC . Gia tri cosin clia goc giira hai mat
phing (ABM ) va (SCD) bang

A. B. 0.

D. L.

C. Ni]

W= |~

Cho hinh chop S.4ABCD c6 day la hinh thoi canh a, ABC = 60°, mit bén SAB 1a tam giac déu va nam

trong mit phang vudng goc véi day. Khoang cach tir B dén mit phang (SCD) bing

NEES B. L2 c. . D. 2
2 7 4

Trong khong gian Oxyz, cho mit ciu (S) X*+) +2°—4x+2y+4=0 va mit phing

6
Y

(a):3x—2y+z+6=0. Mit cau (S') d6i xtng véi (S) qua mit phang (a) c6 phuong trinh la
A (x+1) +(y=1) +(z+1) =1. B. (x=6) +(y-5) +(z-6)" =1.
C.(x+4) +(y+1) +22 =1, D. (x+4) +(y-3)" +(z+2)" =1.
LA 5 ‘A .7 . A~ A~ 5 A A \ A 1 A < K A
Co tat ca bao nhiéu gia tri nguyén dm cia tham s6 m dé ham s6 y = m)c—?+2x3 dong bién trén

khoang (O;+oo).

A. 8. B. 9. C.11. D. 10.

Trong nhom 60 hoc sinh co ?30 hoc sinh thich hoc Toan, 25 hoc sinh ’thicqh hoc Ly va 10 hoc sinh
thich ca Toan va Ly. Chon ngau nhién 1 hoc sinh tir nhom nay. Xac suat dé dugc hoc sinh nay thich
hoc it nhat 1a mot mon Toén hodc Ly ?

Al B.>. c.2. 2
5 ’ 4 5 6

Cho ham s0 y = f(x) lién tyc trén R, c6 bang xét dau dao ham nhu hinh vé:
% —0 1 2 S 4 400
o - 0 + o - 0 - 0 +

Hamsé y=f(3x+1)—x’ +3x dong bién trén
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Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

C. (%;lj. D. (1;+oo).
ax+1 khi x2>1

5 ) v6i a,b 1a cac s6 thuc. Biét f(x) lién tuc va c6 dao ham trén
x +b khi x<1

Cho ham s6 f(x) = {

2
R . Tich phan _[f(x)dx bang
|

AL B 12 c. 2 p. 2.
3 3 3 3

Nguoi ta thiét ké mot thung chira nude hinh tru c6 thé tich ¥ cho trude. Biét rang don gia cua vat
li¢u lam mat day va nap cua thung bang nhau va gap 3 lan don gia vat li¢u dé lam mat xung quanh

. <A 5 <\ ‘ \ ’ 7 r B ’ 5 A h . 71N A
cua thung. Goi chi€u cao cua thung 1a 4 va ban kinh day 1a ». Tinh ty sO — sao cho chi phi lam vat
r

liéu san Xuat thung 1a nho nhit.
h h h h
A. —=4/2. L —=2. C. —=6. D. —=32.
r

r r r

Cho dd thi (C):y = f(x)=+/x.Goi (H) 1 hinh phing gi6i YA
han béi db thi (C), duong thang x = 0;x = 4 va tryc Ox. Cho W (€)
diém M thudc dd thi (C) va x,, =a. Goi ¥} la thé tich khéi

tron xoay khi cho (H ) quay quanh truc Ox, ¥, 1a thé tich

khéi tron xoay khi cho tam giac OMH quay quanh truc Ox . H
Biét rang ¥, =2V,. Tim a. o a 4

“ v

A. a=3. B.a=§. C.a=22. D.a=+3.
Cho z,, z, 1a hai trong cac s6 phiic z théa min diéu kién |Z—5 —3i| =5, dong thoi |Z1 —Zz| =8. Biét
tap hop cac diém biéu dién cua s6 phic w = z, +z, trong mat phing toa d6 Oxy 1a mot dudng tron co

tAm I(a;b) vabankinh R=c. Tinhténg S=a+b+c.

A. S=11. B. §=22. C. §=20. D. $=26.
Cho ham s§ y = f(x) c6 do thi nhu hinh bén. C6 bao nhiéu k
gi4 tri nguyén duong ctia tham sb m dé bat phuong trinh 2‘ Y
fx)> Mﬁ c6 nghiém thudc [0;2] 2 1
A. 25. B. 26.
C. 23. D. 24.

Trong khong gian Oxyz , cho tam giac ABC véi diém A(—l; 3;—1),B (1; —3;1). Mit phang trung tric
ctia doan thang AC 1a (P):x+y—z+4=0. Goi diém ](a;b;c) 13 tAm ctia mit cau (S) di qua ba
diém 4, B,C . Biét do dai doan thang OI ngan nhat. Gia tri S =a+b+c bang

4

A. 2. B. - C. 4. p. %
3 3
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Cau 45. Chohamsd y = f(x) lién tuc trén R, c6 d6 thi nhu hinh bén. YA

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Tap hop tat ca cac gia tri cia m dé phuong trinh 13

f ( f(sin x)) =m c6 nghiém thudc khoang (0;72') la |

A. (—1,3] I 1

B. [-1:3) 1 of\ s >
) NA\VARE

C. (—1;3). a1k

D. [-1;3].

x+2
Xét hai phuong trinh 4 —m.2""' +3m—2=0 (1) va 2*—m.2 2 +3m—2=0 (2). Tat ca cac gi tri
cia m dé phuong trinh (1) c6 hai nghiém phan biét X,,x, va phuong trinh (2) c6 hai nghiém phan biét

X;,%, saocho x, +x, >x,+x, la
A. O<m<lI. B. m>2. C.%<m<%. D.§<m<l.

Trong khéng gian Oxyz , cho diém A(l;l;l) va duong thang d : xl—l = y;3 = Z;I

u= (1; a;b) 12 mot véc to chi phuong cua duong thing A di qua diém A, cit d va tao véi truc Oz

. Véc to

mot goc nho nhat. Gia tri a+b bang
A. 2. B. 5. C.6. D. 3.

LR £(0)=0. C6 tat ca bao
Vx? +1

nhiéu s6 nguyén m thudc (1;20) sao cho f(In m)+f(logm ﬁj <0?

Cho ham s6 y = f(x) c6 dao ham trén R théa man f'(x)=

A. 7. B.17. C. 14. D. 4.
Cho ham s6 y = f(x) lién tuc va c6 dao ham cap hai xac dinh trén R.

. X : 5
Ham so y = f"(x) ¢6 do thi 1a mot Parabol (P) co truc doi xing x = 3

(tham khao hinh vé& bén); diém x=x, >0 12 mot hoanh do giao diém (P)

f”(x)\dxz?—; va f(0)=1.Tinh f(2).

Xo
va truc hoanh. Biét rang J-
0

A. f(2)=10. B. f(2)=9. C. f(2):%. D. f(2)=12.
- - 2_ ,
C6 bao nhiéu sb phiic z théa man ‘z+z‘+2‘z—z‘:8 va 22 4 1a sO thuc ?
zZ'+z+4
A. 2. B. 4. C.8. D. 6.
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1.B 2.C 3.B 4.B 5.D 6.C 7.C 8.A 9.C 10.D
11.A 12.D 13.C 14.D 15.D 16.C 17.A 18.B 19.B 20.D
21.D 22.B 23.C 24.A 25.C 26.D 27.C 28.A 29.C 30.D

31.B 32.B 33.C 34.D 35.D 36.B 37.B 38.A 39.C 40.C
41.A 42.B 43.A 44.B 45.A 46.D 47.A 48.C 49.A 50.C

HUONG DAN GIAI 20 CAU CUOI DE 26 — 04 — 2109

Cau 51. Chohamsb y = f(x) lién tyuc trén (—2;0) va (O; +OO); c6 bang bién thién nhu hinh v&.
) 0 +0

.

Tat ca cac gia tri m dé phuong trinh f(x)=m c6 nghiém duy nhat 1a

A. m<0 hodac m>1. B.0<m<]1. C. m<0 hodgc m>1. D. m=>1.
Do lim y =1; lim 1y = 0 nén phuong trinh c6 nghiém duy nhat khi m<0vm>1.
x—>0" X—>+

Céu52. Chohamsé f(x) théa man j(x+1)f'(x)dx:10 va 2f(1)- £(0)=-8. Tinh ]:I;f(x)dx

0

A T=2. B./--8. C.1=-2. D. 7=-18.
D“t{u:x+l {d”:d “Taco 10=(x+1)£ ()|, J.f( Ydx =2f(1)— f(0)—1 & [ =—18.
3 , aco 5 5 xX)dx = o I=-
dv=f'(x)dx |v=Ff(x)
2
Cau 53. ChobletJ- 3% 1a’xza+b1n2+c1n3 voi a,b,c lécécséhfrut)"/.GiétriS=a+2b+3c béng
! X7+ 2x +
A 7. B. .. C. -5. p. -1
3 3
2 2 2
Tacélzj-wdx:.[ 3 dx—j 4 2d=—%—3ln2+3ln3.Suyraa=—g;b=—3;c=3:>S=Z.
L (x+1) 1 x+1 L (x+1) 3 3 3

Cau 54. Goi S la tap nghiém cua 2log, (2x—2)+log, (x—3)2 = 2. Tong tat ca cac phan tir ciia S bang

A. 6. §.4+\/§. C.2+42. D. 8++/2.

x>1

Diéu kién {
x#3
Phuong trinh 2log, (2x—2)+log, (x~3)’ =2 < log, (2x—2)" +log, (x~3)" =2 & ((2x-2)(x-3)) =4

2x* —8x+4=0 x=2+2;x=2-2
= = .
2x* —8x+8=0 x=2

Dbi chiéu didu kién ta c6 tap nghiém: S = {2; 2++2 } , suy ra tong cac phan tir ctia S 1a: 4++/2.
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Cau 55. Cho hinh chép S.4BCD c6 day hinh vudng canh «. Biét
SAJ_(ABCD) va SA=av2 . Diém M 1a trung diém cua SC

. Gia tri cosin cua goc giita hai mit phang (ABM ) va (SCD)

bang
A. l B. 0.
2
1 1
C.—. D. —.
3 2
Goi N 1a trung diém cua SD thi goc giira hai mat phang 1a goc AND .
2 2 2 , i i
Tacd AN = ND = sD = ﬁ = cos AND = ND” + NA" — 4D = 1 (néeu am thi lay tri tuyét doi).
2 2 2NA.ND 3

Cau 56. Cho hinh chép S.ABCD c6 day la hinh thoi canh a,

ABC = 60°, mat bén S4B 1a tam giac déu va nam trong
mat ph?fmg vuodng goc voi day. Khoang cach tir B dén
mat phang (SCD) bang

A. a\/§. B. a‘/ﬁ.
2 7

c. e D, “*/g.
4 =4

Goi H la trung diém ciua AB thi SH 1(ABCD) vd

CH 1 AB//CD= HC 1. CD. Ké HI 1 SC.

Suy ra d(B,(SCD))=d(H,(SCD))= HI = SHHC “\%.
JSH? +HC? 4

Cau 57. Cho mit cau (S):(x—2)2+(y+1)2 +z° =1 va mit phing (a):3x—2y+z+6:(). Mit cau (S') dbi

Xung v4i mit cau (S ) qua mit phang (Ot) c6 phuong trinh 1a

A (x+1) +(y=1) +(z+1)" =1. B. (x—6) +(y-5) +(z-6)" =1.
C. (x+4) +(y+1) +22=1. 'D. (x+4) +(y-3) +(z+2) =1.
Hai mdt cau c¢é cing ban kinh bang 1 va tam ciia ching doi xitng qua mdt phang (a).
x=2+3t
Tacé 1(2-1,0)=IH :{y=—1-2tN(a) =32 +3)-2(-1-20)+1 +6=0=r=—1= H(-L;1;-1). Nén I'(43;-2).
z=1

A [ . A A 5 A 1. A l A < A A 5
Cau 58. (Co bao nhi€u gia tri nguyén dm cia m d€ ham s6 y = mx——+ 2x’ dong bién trén khoang (O;+oo) .
X

A.8. B.9. C.6. D. 5.
Ham s6 dong bién trén khoang (0;+<0) khi va chi khi y' =m +i4+ 6x” > 0; Vax e (0;+00).
X
12

Hay: m > —% —6x” = h(x); Vx € (0;+). Trén (O; +OO) D h(x)=—=—-12x; W(x)=0<x=1.
x x
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X 10 1 +00
h'(x) 4 0

h(x) /’9 T

Dua vao bang bién thién, ta c6 m > i(x); Vx e (0;+0) <>m=-9 . Vay co 9 sd nguyén am m théa man yéu cau.

Cau 59. Trong nhom 60 hoc sinh c6 30 hoc sinh thich hoc Toan, 25 hoc sinh thich hoc Ly va 10 hoc sinh
thich ca Toan va LY. Chon ngau nhién 1 hoc sinh tir nhom nay. Xéc suat dé duoc hoc sinh nay thich
hoc it nhét 1a mot mén Toan hodc Ly?
AL B.>. c.2. D

5 | 3

Goi A 1a tap hop “hoc sinh thich hoc Toan”

Goi B 1a tap hop “hoc sinh thich hoc Ly”

Goi C latap hop ” hoc sinh thich hoc it nhat mot mén «

Tacod n(C)=n(AUB)=n(A)+n(B)—n(An B)=30+25-10 =45 (Minh hoa bing biéu do Ven)

1
=2

. . C
Vay xac suét dé duoc hoc sinh nay thich hoc it nhat 1a mét mén Toan hoac Ly la: P(C) = ngg;:%:%.
n
Céiu 60. Cho hamsb y = f(x) c6 bang xét ddu dao ham nhu hinh v&:
X —o0 1 2 3 4 +00
f'(x) - 0 + o - 0 - 0 +
Ham sb y=f(3x+1)—x3+3x ddng bién trén
ALY B.[L1) c.[2a]. D. (1;+0).
43 32 3
Ham s6 dong bién khi y'=3/'Gx+1)-3x>+3>0< f'Gx+1)+(—x>+1)>0.
1
o , 5 FGr+1)>0 1<3x+1<2 O<x<— 1
Khi do, ta danh gid manh nhu sau S 3x+1>4 < =>0<x<—
—x* +1>0 x>1 3
-l<x<1
-1<x<1
, ax+1 khi x>1 ) , . .
Ciu 61. Chohamso f(x)=9 , ) véi a,b 1a cac so thuc. Bict f(x) lién tuc va c6 dao ham trén
x“+b khi x<I
2
R . Tich phan '[f(x)dx bang
-1
AL B . c. 2 p. 2.
3 3 3 3
Ham s0 lién tuc tai x=1 nén lim f(x)=1lim f(x)= f() < a+l=1+b<a=b.
x>0 x—1"
Va fiy=dd ML 6 o6 dao ham tai x=1 khi 7(0)=r(1) 2
a f'(x)= . Ham s6 c¢6 dao ham tai x= i = Sa=2.
2x khi x<1 ' ' ¢
(C6 thé dimg dinh nghia tinh dao ham)
2x+1 khi x>1 2 1 2 26
Khi do f(x)= . Suy ra x)dx = | (x*+2)dx+ [ (2x+1)dx =—.
/) {x2+2 khi x<1 ’ '[f( ) '[1( ) '!.( ) 3

Céu 62. Nguoi ta thiét ké mot thing chira nude hinh try c6 thé tich ¥ cho trude. Bié‘; rang don gi4 cua vt
liéu lam mat day va nap cua thung bang nhau va gap 3 lan don gia vat li¢u dé lam mat xung quanh
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5 <\ . <A 5 <\ \ \ . 7 r B ’ . A h . 71N A
cua thung. Goi chiéu cao cua thung 1a 4 va ban kinh day 1a » . Tinh ty s0 — sao cho chi phi lam vat
r
lidu san xuét thung 12 nho nhat.

A.ﬁ:\/i. B.ﬁzz. c."_s. D.ﬁ=3\/5.

r r r r
Dé don gian, ta xem ¥ =1 va don gia xung quanh 1a 1 thi don gi4 cta ddy va nip 1a 3.

TacO V=nr*h=1=h=I=

P

nr
Chi phi bang f =(28,,)3+S,, =6r" + 277 12 —6mr+ 2. YA
r r
: 2 1 (€)
Tacd f'=12zr—-==07r =—. M
r 6r :

Khi @6 h=——=2 -1

wr r wr
Cau 63. Cho dd thi (C):y=f(x)=+x.Goi (H) 1a hinh phing gi¢i han
boi d6 thi (C ), dudng thiang x =0;x =4 va truc Ox. Cho diém

=6.

3

a H X

M thude @6 thi (C) va x,, = a. Goi ¥, la thé tich khdi tron xoay khi cho (H) quay quanh truc Ox,
Vv, 1a thé tich khéi tron xoay khi cho tam giac OMH quay quanh truc Ox . Biét ring Vv, =2V,.Tim a

A. a=3. B.a:% C.a=22. D.a=2.

Taco V= 7Z'J.( ) dx=8r.
Xét V, 1a hinh ghép boi hai nén c6 r= Ja, h=0H=4. Ap dung cong thic ¥ = %72’7’2/’1

Suy ra 7, =%7r(\/2)24=§7m . Theo d& ¥, =2V, <:>8ﬂ:2(§7mj<:>a =3

Ciu 64. Cho z,, z, 1a hai trong céc so phitc z thoa man diéu kién i

|Z—5—3i| =5, dong thoi |Z1 —zz| =8. Tap hop cac diém biéu /\

dién cua s6 phurc w = z, + z, trong mat phang toa d6 Oxy 1a

duong tron c6 tam 1 (a;b) va ban kinh R = c. Tinh téng

S=a+b+c.
A. S=11. =22.
C. §=20. =

B = |~

Cach 1: Goi A, B, M 1a cac dié

.S
S
bié
A, B thugc duong tron (C

Ziéncﬁa z,, z,, w. Khi do
):(x=5) +(»-3) =25 va
AB =|z1 —22| =8&. Puong tron (C) co tam 1(5;3) vabankinh R=5.
Goi T la trung diém cua AB khi d6 T 1a trung diém ctia OM va IT =~/I4> —TA* =3.

Goi J la diém d6i xing cia O qua I suyra J (10;6) va IT la duong trung binh cua tam giac OJM , do do
JM =2IT =6.

Vay M thudc duong tron tim J ban kinh bing 6 va c6 phuong trinh (x—10)" +(y—6)" =36.

Cach 2: Goi 4, B 1a cac diém biéu dién cua z,, z, thi 4, B thudc duong tron (C):(x—5)" +(y—-3) =25
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va AB= |Z1 —22| =8.Goi K latrung diém ctiia AB thi K biéu dién cho s6 phirc Zl;—zz va IK =3.

Do d6 3=IK =22~ 5 3il < |w—10—61 = 6 < (x~10) +(y—6) =36.

Nhdn xét: Hiéu duoc va xir Iy nhu cach 2 s& nhanh hon.
Cau 65. Cho hamso y = f(x) c6 d0 thi nhu hinh bén. C6 bao nhiéu gia tri nguyén duong cia tham so m dé

bét phuong trinh f(x) > ————— c6 nghiém thudc [0;2] ?
24+2x—x

8%}

A. 25. B. 26. C. 23. D. 24.

Khi x €[0;2] thi 24+2x—x*=25—(x—1)" €[24;25] nén bat phuong trinh thanh

g(x)=(24+2x—x") f(x) 2 m. Xét g'(x)=2-2x) () + ['(x)(24+2x-x")=0=>x=1 (& f()=0x=1)

Xét y=g(x) trén [0;2]: c6 g(0)=-24;g(1) =25;(2) =24 nén g(x)<25=maxg(x).

(1ap bang bién thién dé danh gia c6 thé g'(x)=0 c6 thé c6 nghiém thude (0;1) nhung gid trj 16n nhét van 1a 25)

Suy ra g(x)=>m c6 nghiém thudc [0; 2] thi m <25.

Céu 66. Trong khong gian Oxyz , cho tam giac ABC véi diém A(—l;3;—l),B(1;—3;1). Mit phang trung tric
ctia doan thing AC 13 (P):x+y—z+4=0.Goi diém ](a;b;c) 1a tAm ctia mit cau (S) di qua ba
diem A4, B,C . Bi¢t do dai doan thang Ol ngan nhat. Gia tri S =a+b+c bang

A 2. B. -2 C.4. p. %
3 3
420 ==k
, +y—z+4=
Mat phang trung truc cua 4B la (Q):x—3y+z=O,SuyraIe(P)m(Q):{x ;} ‘ . =><y=t
— +z=
rTRrTE z=2+2t
= [(2+66;2+2t)= O =61* + 4 +8 nhé nhét khi 1= -2 =L —Z;—l;i g2
2a 3 3733 3

Nhan xét: That su / ciing 14 tim duong tron ngoai tiép tam giac ABC.
Cau 67. Chohamso y= f(x) lién tuc trén R, c6 d0 thi nhu hinh bén. Tép hop tat ca cac gia tri cuia m dé

phuong trinh f( f(sinx))=m c6 nghiém thudc khoang (0;7) 1a
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2y

/'-1-\,'/

A. (-1;3]. B. [-1;3). C. (-1;3). D. [-1;3].
Véi x e(O;n) thi 0<sinx<1 nén —lét:f(sinx)<1.
Do dé f(f(sinx))=m < f(t)=m c6 nghiém thudc [-1;1) suyra ~1<m<3.
x+2
Ciu 68. Xét hai phuong trinh 4 —m.2™" +3m—2=0 (1) va 2 —m.2 2 +3m—2=0 (2). Tat ca cac gia tri cta
m dé (1) c6 hai nghiém phan biét x,,X, va (2) c6 hai nghiém phan biét x,,x, sao cho

X +x,>x+x, 1a

A.O0<m<l1. B. m<lv>2. C.l<m<3. Q£<m<l.
2 2 3
X 2 X
Xét () =4 -2m2" +3m—-2=0va (2)<:>[ZZJ —-2m.224+3m-2=0
AN=m*-3m+2>0 )
A . : —<m<l1
D¢ 2 phuong trinh c6 2 nghiém phan biét thi {S =2m >0 3 .
P=3m-2>0 m>2
. xtx e X, + X,
Taco 1, =2""" =3m-2;t,t, =2 > =3m-2= x +x, =log,(3m-2); =log, (3m-2)
Do x, +x, > X, +x, nén log, (3m—2)>2log, (3m—-2) < log,(3m-2)<0=m<1.
Véy%<m<1.
n . . 2 N 2 x-1 y-3 z- ,
Cau 69. Trong khong gian Oxyz, cho diém A(l;l;l) va duong thang d : " = 5 = 5 . Véc to

U= (L a;b) 1a mot véc to chi phuong ciia duong thang A di qua diém A4, cit d va tao véi truc Oz

mot goc nho nhat. Gia tri a+b bang

A.2. B. 5. C.6. D. 3.

Cich 1: Goi diém cit la B(b+1;2b+3;2b+1) suyra AB =(b;2b+2;2b), k=(0;0;1)
2
Ta c6 cos(A,0z) = 24 I T S L.
Jorr(2b+2) +ap? 9D +8b+4 9b> +8b +4
b=0->cos(A,0z)=0
2

:>f’(b)=32b—+32bZ=0<:> 24/5 - Lép bang bién thién ta c6 cos(A,Oz)zﬁ la max.

(95 +4b +2) b=—1->c0s(,0) === 5

Géc nho nhat khi gia tri cos(A,0z) 16n nhat. Suy ra 4B =(-1;,0;-2) = u =(1;0;2) .

Cach 2:

Lay M(1;3;1) thi mat phing (P) chtra A va d co [W;Z] = (4,0,-2) = 2(2;0;-1) = , = (2;0;-1).
Puong thing A song song v&i hinh chiéu ctiia Oz 1én (P). Goi (Q) chira Oz va vudng (P).
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Suy ra n, = n,.k | =(0;-2;0). Khi d6 u, =| n,,n, |=(-2:0;-4) = -2(1;0;2).

Cau 70. Cho hamsb y=f(x) c6 dao ham trén R thoa min f'(x)= va f(0)=0.Co tat ca bao nhiéu

1
Vxt+1

s6 nguyén m thuoc (1;20) sao cho f(lnm)+f(logm 20119j£0 ?

A. 7. B. 10. C. 14. D. 15.
Y Cn m>0 n n
bicu kién { 1.Do m nguyénnén m>1=Inm>0.
m #
1

Do f'(x)=
x* +1
Xét f(—x)zln(\/xz+1—x)=lnﬁ=—ln( % +1+x)=—f (x
¥ +1+x

Do f'(x)>0 nén f(x) luon dong bién.
Xét f(lnm)+f(10gm

va f(0)=0 nénsuyra f(x)= 1n(x ++/x° 1) (xem lai nguyén ham co ban dac biét).

) nén f(x) la ham s 1.

20119j 0« f(Inm)+ f(-log,2019) <0« f(lnm)- f(log,2019)<0
In2019

Inm

< f(Inm)< f(log, 2019) = Inm <log,, 2019 < Inm < = Inm <2019 < m< ™" ~15,779 .

Céu twong tw: Cho ham s6 f(x) c6 dao ham lién tuc trén R va théaman f(x)>0, VxeR. Biét f(0)=
va —f (x)

f(x)
biét.

=2-2x. Tim céc gia tri thuc ctua tham sé m dé phuong trinh f (x) =m c¢06 hai nghiém thyc phan

A.m>e. B. 0<m<1. C.0<m<e. D.1<m<e.

Taco L ! :2_2x:>.[f (x)dxzj(z—%c)dx.
f(x)
S0 (1) =262 € o f(x)= A M 1(0)=1 sy f ()=
Tacod 2x — x? =1—(x2 —2x+1) :1—(x—1)2 <1.Suyra 0<e® <e va ing v&i mot gia tri thuc ¢ <1 thi phuwong

trinh 2x—x” =¢ s& ¢ hai nghiém phan biét.
Vay dé phuong trinh f'(x)=m c6 2 nghiém phan bi¢tkhi O<m<e' =e.
Ciu 71. Chohamsd y = f(x) lién tuc va c6 dao ham cép hai x4c dinh trén R . Him s6 y = f’(x) c6 db thi

‘. 5 NP
la mot Parabol (P) c¢6 truc doi xung x = 3 (tham khdo hinh v& bén dudi); diém x =x, >0 la mot

hoanh d6 giao diém (P) va tryc hoanh. Biét ring Hf ‘dx ==—va f(0)=1.Tinh f(2).

=t

[>

. f(2)=10.
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Péy f'(0)=4; f'(x,)=0 va trén (O;gj thi /"(x)>0; trén (%;xoj thi /"(x)<0.

Tur d6 f\f”(x)\dx—9—7 o7 if (x)dbx - jf (x)dx<:>—:{f’(gj—f’(O)}—[f’(xo)—f’(éﬂ
0 0

18 18 3
169 5) 169 5 169
2 — = f'| = |=——.Suyradinh 7| —;—
f( ] 18 f(3) 360 (3 36)
Ta giai x4c dinh (P): y =ax> +bx+4 (do x=0 suyra ¢ =4).
)clz—izg 10a+3b=0 az—l ,
Ta c6: 23 3 <425 5 5o 4:>(P):y=—x—+§x+4.
35,5y, 107 | Sage= 2T, s +s
R 36 6
X 5x° X 5x°
Viy f(x)=——=+=—+4x+C, f(0)=1=C=1nén f(x)=——=+=——+4x+1.Suyra f(2)=1
12 12 12 12
A , S S , ~ - - i -z+4
Cau 72. (o6 bao nhiéu s0 phttc z thoéa man ‘z+z‘+2‘z—z‘:8 va —— 1a 50 thyc ?
z'+z+4
A. 2. B. 4. C.8. D. 6.
v DK: Zz+z+4¢0<:>z¢—%igi.

Bt z=x+ i thi |z+2|+2|z-2|=8 < 2[x|+ 4|y =8 < [x] +2]y| =
v/ Néu z 1a sb thyc thi y=0:>|x|=4<:>x=i4.
v/ Néu z khong 1a sb thuc (y#0):

2_
Xét ZZ—Z+4=k€R:>ZZ—Z+4=k(Zz+Z+4)
z'+z+4

& (1-k)22 - (1+k)z+4(1-k) = 0= || = 2,2, =f-4= lZ=2x"+)" =4.
a
, o , . 1 . 5
Bi€u dién 1én hé truc ta c¢6 hinh v¢, ta thay c6 6 diém chung ( y#0;x # —E] nén cd 6 s6 phuc z thoa yéu cau.

yl\
2

Vay ¢6 tong cong 8 s6 phirc thoa yéu cau.
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